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The ultra-fast timing technique was introduced in the 1980s and is capable of measuring picosecond

lifetimes of nuclear excited states with about 3 ps accuracy. Very fast scintillator detectors are

connected to an electronic timing circuit and detector vs. detector time spectra are analyzed by means

of the centroid shift method. The very good 3% energy resolution of the nowadays available LaBr3(Ce)

scintillator detectors for g�rays has made possible an extension of the well-established fast timing

technique. The energy dependent fast timing characteristics or the prompt curve, respectively, of the

LaBr3(Ce) scintillator detector has been measured using a standard 152Eu g�ray source. For any energy

combination in the range of 200 keVoEgo1500 keV, the g2g fast timing characteristics is calibrated as

a function of energy with an accuracy of 2–4 ps. An extension of the centroid shift method providing

very attractive features for picosecond lifetime measurements is presented. The mirror symmetric

centroid difference method takes advantage of the symmetry obtained when performing g2g lifetime

measurements using a pair of almost identical very fast scintillator detectors. In particular cases, the use

of the mirror symmetric centroid difference method also allows the direct determination of picosecond

lifetimes, hence without the need of calibrating the prompt curve.

& 2010 Elsevier B.V. All rights reserved.
1. Introduction

The determination of lifetimes of nuclear excited states is very
important for the test of theoretical models describing nuclear
structure. Nuclear excited state lifetimes in the range of a few
femtoseconds to microseconds and more are intensively studied,
but most of the lifetimes found are in the picosecond region.
Fundamental works in the nowadays widely applied ultra-fast
timing technique were carried out by Mach et al. [1,2] and
Moszyński et al. [3,4]. The technique relies on b2g coincidences
using very fast organic and heavy inorganic scintillator detectors
to access lifetimes of nuclear exited states in the few picosecond
region. The challenge is to calibrate the energy dependent
centroid position of prompt events yielding the prompt response
function (PRF) describing the setup timing characteristics, also
known as the ‘‘prompt curve’’, which is needed for lifetime
determination by means of the centroid shift method.

The ultra-fast timing technique applied on only
g2g�coincidences is very interesting for in-beam experiments.
Three dimensional energy–energy-time matrices can be built to
ll rights reserved.
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perform the well-known generalized centroid shift method [5,6].
The here presented Mirror Symmetric Centroid Difference (MSCD)
method is similar to this method, but uses both energy axes to
obtain a combination of two time distributions, whose centroid
difference has a very attractive mirror symmetry.

Recently, a new generation of heavily doped inorganic
scintillators has been developed. For the LaBr3(Ce) scintillators,
an increase in Cerium doping is equivalent to an increase in
energy and time resolution [7]. The timing property is almost
equivalent to very fast plastic scintillators, while the energy
resolution of 3% [4] improves remarkably the peak to background
ratio. This enables the introduction of a new picosecond g2g
timing technique.
2. Fast timing considerations

For the purpose of investigating the overall timing properties
of a standard fast timing setup (Fig. 1), we investigated the
intrinsic timing characteristics of each individual timing branch.
The scintillator detector assembly consists of a cylindrically
shaped +1:5 in:� 1:5 in: LaBr3(Ce) scintillator in conjunction
with the XP20D0 photomultiplier (PM). Compared with
previously used XP2020 PM, the PM anode timing of the
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Fig. 1. Schematic draw of the g2g fast timing setup used in this work.
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XP20D0 is improved by factor of 1.2, due to the application of a
screening grid at the anode and the reduced number of dynodes
[4]. The two scintillator and PM assemblies were adjusted to
deliver almost identical transfer functions, i.e. same amplitude vs.
energy characteristics. As shown in Fig. 1, the PM anode signal
from the scintillator assembly was directly connected to the input
of a Constant Fraction Discriminator (CFD, model Ortec 584). The
proper adjustments of the CFD is a major issue, while the main
property of the CFD is to minimize the timing walk variation on
the amplitude of the input signal. The Time to Amplitude
Converter (TAC) output amplitude is proportional to the time
difference between the two fast CFD timing signals coupled
directly at the start and delayed at the stop inputs. The TAC
output amplitude spectrum linearity and TAC time resolution
were investigated by the use of Ortec 462 high precision time
calibrator. The TAC time distribution is a symmetric Gaussian
distribution with FWHM of 12 ps. To guarantee wide TAC linearity
for both timing branches, the delay of the stop branch was chosen
such that the TAC time distribution was placed in the middle of
the TAC range. All passive electronic components including
coaxial cables have been tested carefully to avoid possible
systematic uncertainties.

A slow energy coincidence circuit completed the setup to
record triple events (E1, E2, Dt12) within a coincidence window of
about 100 ns. For this work, the events were stored in 1 h runs in
order to investigate for shifts in energy and in time. A count rate
dependent energy shift with magnitude of the order of r1%=h
was observed. Taking these energy shifts into account, the energy
gated time spectra are stable in time. However, in some cases, a
time shift as a result of thermal fluctuations in electronics could
also be observed. After more than 30 h of measurement, this
energy independent time shift can be slightly larger than 10 ps.
2.1. Time resolution of the fast timing setup

The time resolution of the whole fast timing setup is mainly
caused by the structure of the scintillator detector rise time,
which can be divided in two parts. Firstly, the contribution due to
the nature of the scintillator and secondly, the timing perfor-
mance of the PM. An important factor is the lifetime of the excited
states in the crystal which decay by the emission of scintillation
light. Very fast scintillators have decay times in the few
nanosecond region. The crystal size can be important, because
of the interaction point vs. scintillation light collection time
dependency of 33 ps/cm [1,3]. A high scintillation light output is
desirable for good PM timing performance, which depends on
several parameters, as the number of photo electrons released at
the photo cathode, their time spread to the first dynode and the
spread in the electron multiplier gain [4]. For different crystal
types, the nowadays available multi-stage PMs differ only slightly
in rise times and are superior to typical scintillator decay times
[4,8]. Due to total detector assembly rise time, the time resolution
of the +1 in:� 1 in: cylindrical LaBr3(Ce) scintillator in conjunc-
tion with the XP20D0 PM is slightly larger than 200 ps [4] (FWHM
for 511 keV annihilation lines in 22Na). The CFD also contributes to
the time resolution of the setup. This is due to its time walk and
time jitter, which can become important for low energies
corresponding to Ego300 keV.

The intrinsic time resolution of the setup can be measured
using prompt decays. For fast timing setups, a prompt decay is
associated with lifetimes to1 ps. The obtained prompt response
function (PRF) is a Gaussian distribution and its FWHM includes
all timing uncertainties obtained from the scintillator and PM
physics, electronics and setup geometry.

In the ideal case of no feeding and no background contribu-
tions, time distributions of directly measurable lifetimes show a
typical asymmetric shape of a convolution of the energy
dependent PRF P(t) with an exponential decay:

DðtÞ ¼ nl
Z t

�1

PðxÞe�lðt�xÞ dx, l¼ 1=t ð1Þ

where n is the normalization factor. Time distributions of
lifetimes which are longer than the FWHM of the energy
corresponding PRF have a pronounced slope and the lifetime t
can be determined directly using the slope or the deconvolution
method according to Eq. (1) [1,9,10].

Often, the setup time resolution is expressed by the FWHM of
the PRF, which is energy dependent. Using the deconvolution
method, the time resolution is rather given by the smallest slope
that can be deconvoluted. For g2g setups with detectors at equal
distances to the g�ray source, the time resolution can be
expressed by st ¼ lnð2Þ � FWHM [1].

2.2. The centroid shift method

The centroid shift method is used for determination of
lifetimes which are smaller than the setup time resolution. The
centroid, i.e. the first moment of a delayed time distribution D(t)
is defined as

CðDÞ ¼/tS¼

R
tDðtÞdtR
DðtÞdt

ð2Þ

with D(t) of Eq. (1). The statistical error is given by the variance of
D(t)

dC ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
var½DðtÞ�

p
¼

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
/t2S�/tS2

q
: ð3Þ

Assuming the ideal case of no feeding and no background
contributions, it follows per definition that the lifetime t is
directly given by the difference of the centroids of the delayed
time distribution and the prompt time distribution corresponding
to the energy gates of the delayed one:

t¼ CðDÞ�CðPÞ: ð4Þ

The knowledge of the setup timing characteristics, i.e. the energy
dependent PRF centroid C(P), is crucial for centroid shift analysis
and its accuracy gives the limit of the fast timing technique.

2.3. The prompt curve determination

The uncertainty in determining the ultra-fast PRF centroid is a
question of statistics and can be better than 1 ps. The main
problem, however, is that the PRF centroid is energy dependent
and has to be interpolated for the energy of interest [1]. In
principle, the walk-energy dependence of the detector signal is
inherently compensated by the CFD method itself, but the fast
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timing signal delivered at the CFD output still has an amount of
time walk, which is amplitude dependent.

The CFD principle is to shape the input signal to generate a
bipolar signal, its zero-crossing is used as a trigger to produce the
fast CFD output timing signal [11]. By proper selection of the CFD
shaping delay time td, the walk due to rise time and amplitude
variations of the input signals can be minimized. In principle, the
best timing with very fast scintillator detectors is obtained for the
so-called true-constant-fraction (TCF) condition td4trð1�f Þ [11],
where tr is the detector signal rise time and f is the attenuation
factor (f¼0.2 for the Ortec 584), that defines the triggering
fraction. In this work, we present the results obtained using the
amplitude-and-rise-time-compensation timing mode (ARC) with
the condition tdotrð1�f Þ. In any case, the experimentally
obtained walk has to be determined in the off-line analysis in
order to deduce the lifetime from the experimental data according
to Eq. (4).

In the off-line analysis, one has to struggle with prompt and/or
delayed coincidence contributions from the background which
contaminate the time distribution of interest. The background
contributions result in a shift of the total time distribution
compared to the net time distribution. This shift can be derived
using the Compton correction procedure described in Refs. [1–3].
The non-linear energy dependent PRF centroid which defines the
prompt curve (often called ‘‘the walk characteristics’’) is then
interpolated using measurements of several prompt time
distributions at different energies covering a wide dynamic range.
Fig. 2. Partial level scheme of Gd obtained after b decay of the standard Eu

g�ray source. Jp , Eg , Elevel and t from Ref. [12].
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Fig. 3. Coincidence g�ray spectrum of the LaBr3(Ce) scintillator detector obtained

by gating on the 344 keV transition of 152Gd.
3. The timing characteristics of the LaBr3(Ce) scintillator
detector

To measure the prompt curve of the LaBr3(Ce) scintillator
detector in a g2g fast timing experiment, a walk free reference
timing signal from the experimental system is needed. This is
achieved by gating one g�ray detector constantly on a directly
populating or depopulating transition of interest. The other
detector selects coincident prompt transitions of different
energies to measure its prompt curve. In the off-line analysis,
this work has to be made for every single g�ray detector in order
to gain in statistics when performing g2g lifetime experiments
using arrays of detectors.

The setup for our experiment consisted of two LaBr3(Ce)
scintillator detectors placed at equal distances (3 cm) from a
g�ray source and with an angle of 120 degrees in between them.
The standard 152Eu g�ray source produces many coincident
transitions connecting a lot of states with precisely known
picosecond lifetimes which is ideal to measure the prompt curve
according to Eq. (4).

As a good example, we consider the 344 keV state in 152Gd
(a portion of the level scheme is shown in Fig. 2). As seven g�ray
transitions are in coincidence with the 344 keV decay transition,
the reference energy gate of 344 keV is used to provide the walk
free reference timing signal of the setup, in this case delivered by
the stop detector. Fig. 3 shows the coincidence spectrum of 152Gd
obtained by gating on the 344 keV decay transition. Due to the
very good energy resolution of the LaBr3(Ce) scintillator detectors,
the transitions are well separated.

The time spectra of the 344 keV decay transition presented in
Fig. 4 were obtained without subtracting background
contributions of any kind. A very small asymmetry on the stop
side (on the right) of the time distributions is observed which is
due to the lifetime of the 21

+ state in 152Gd. The asymmetry is too
small for being used to determine the lifetime directly, according
to Eq. (1). The energy dependent time resolution is given by the
FWHM of the time spectra. Note the energy dependent time
distribution centroids which were determined with a statistical
accuracy of only 2–7 ps. The 344 keV gated centroids of coincident
transitions were plotted against the g�ray energy to obtain the
centroid curve, i.e. the 344 keV gated prompt curve shifted by the
lifetime t, as presented in Fig. 5. The centroids at 367 and 678 keV
were corrected for the lifetime of the intermediate 4+

1 state in
152Gd. The variation of the centroids with energy is very smooth
and could be described as a function of energy. The centroids were
fitted using the calibration function:

CðEgÞ ¼
a

Egþb
þc ð5Þ

with a, b and c being free fit parameters with resulting values of

a¼�ð182:6715:3Þ � 103 keV chn ð8:4%Þ

b¼ ð577751ÞkeV ð8:8%Þ

c¼ ð492776Þchn ð0:2%Þ:
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The error of the calibrated centroid curve obtained from the
evaluation of the covariance (error) matrix is 4–10 ps for the
range of 200 keVoEgo1500 keV. This accuracy is in agreement
with the measured centroid uncertainties and is representative
for the goodness of the fit.

The prompt curve shown in Fig. 5 was obtained using the
Compton continuum of the prompt 60Co g�ray source. In analogy to
the measured full energy centroid curve, the stop detector was gated
at 344 keV and the � 10 keV wide Compton gates were varied on the
start detector. Over the total dynamic range, the obtained Compton
centroids were fitted using Eq. (5). For Eg4344 keV, the behavior of
the calibrated centroid curve follows that of the approximated
prompt curve and the shift between them is in the range of 33–61 ps.
This is in good agreement with the known lifetime of 46.7(2.5) ps [12]
of the 344 keV state when adopting a systematic error of 20 ps.
However, in some regions non-monotonic timing behavior of the
Compton events is observed. Especially for Ego344 keV, the shift
between the centroid curve and the Compton events increases rapidly
with decreasing energy. Similar effects were observed in the timing
analysis of the stop detector. It was already observed that a shift of
the prompt spectra due to the full energy peaks in relation to those
due to Compton events is obtained [2]. It is the effect of a contribution
of a multiple Compton interaction in creation of full energy events
that introduces a delay of a light pulse in relation to that due to the
single Compton scattering [2]. This artificial delay is related to the
time-of-flight of the scattered g�rays which corresponds to 33 ps per
cm and thus becomes important for large crystals like in our case.

Based on the fact that only full energy events reproduce the
true prompt curve, the full energy centroids shown in Fig. 5 were
corrected for the known lifetime of the 2+

1 state in 152Gd to
calibrate the 344 keV gated prompt curve of the start detector. As
presented in Fig. 6, an analogous centroid shift analysis was
performed on the stop detector, where the reference 344 keV
decay transition was gated on the start detector. The two
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calibrated 344 keV gated prompt curves cross each other at nearly
344 keV which corresponds to the true PRF centroid of the setup
for the combination 344–344 keV. This very good result indicates
that the calibration function describes the two branch timing
characteristics of our setup very well. However, the timing of the
two branches is not symmetric, as can be seen in Fig. 6. This
timing asymmetry results in an energy dependent prompt
centroid for DEg ¼ 0 (equal energy gates), as illustrated by the
data points obtained using the prompt 60Co source and fitted with
a straight line (solid line in Fig. 6).

To determine the PRF centroid for an energy combination of
interest, more PRF information is needed. Using other reference
energy gates, of course the resulting prompt curves differ from
those presented in Fig. 6. This and the timing asymmetry of real
fast timing setups makes the determination of the PRF centroid of
interest complex. The proposed mirror symmetric centroid
difference method, an extension of the centroid shift method,
combines the two branch timing characteristics of a g2g fast
timing setup and simplifies substantially the often difficult
measurement of the prompt curve.
Fig. 7. The 800 keV gated prompt curves C(P) of the two branches of an ideal fast

timing setup with symmetric timing characteristics. The dashed curves are the

centroid curves related to a lifetime t obtained if only the decay transition is used

as the reference energy gate (walk free timing signal of the system). Note that the

relation for the centroid difference DC of the two delayed centroid curves depends

on whether the feeding energy is larger or smaller than the decay energy.
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4. The mirror symmetric centroid difference (MSCD) method

In the previous section it was shown that in application of the
g2g timing technique, the lifetime of a nuclear excited state can
be measured either with the start branch or the stop branch
detector. The problem of calibrating the prompt curve still
remains, as the timing characteristics of the two branches differ
in a real setup. Therefore, the prompt curve has to be calibrated
for each branch. The timing asymmetry in the branch timing
characteristics is canceled when defining a new physical quantity,
the centroid difference

DC ¼ CðDÞstop�CðDÞstart

for a specific g�ray cascade in reference to Eq. (4) (t¼ CðPÞ�CðDÞ

when the decay transition is gated on the start). The obtained
energy dependent prompt response difference,

PRD¼ CðPÞstop�CðPÞstart

describes the combined g2g timing characteristics of the setup
independent of the single branch timing characteristics.

We assume for simplification an ideal g2g fast timing setup,
which means that both timing branches produce identical timing
signals for identical energies, as presented in Fig. 7. In this
example, we consider a decay transition with energy of 800 keV
that is used as the walk free reference energy gate of the system.
No background or feeding are contributing to the time
distributions. Referring to Fig. 5, the centroid curve C(D)stop is
shifted by þt from the corresponding prompt curve C(P)stop, as
the decay transition, in that case used as the reference timing
signal, is gated on the stop. If the decay transition is gated on the
start detector, the corresponding centroid curve C(D)start is shifted
by �t from the prompt curve, as in this case the start detector is
affected by the lifetime.

As can be seen in Fig. 7, one has to distinguish between DEg40
and DEgo0, where DEg is the difference of the feeding and
decaying g�ray energies:

DEg ¼ Efeeder�Edecay: ð6Þ

According to Eq. (4), the value of the centroid difference for both
cases is given by

jDCdecayj ¼
PRDþ2t : DEg40

PRD�2t : DEgo0

(
ð7Þ
while the centroid difference is defined as

DCðDEgÞdecay ¼ CðDÞstop�CðDÞstart: ð8Þ

The subscript ‘‘decay’’ indicates that the reference timing signal of
the setup is provided by a decay transition, which in the case of
‘‘C(D)stop’’ is gated on the stop. Fig. 8 shows the linearly combined
centroid difference curve obtained using Eq. (8) and plotted
against the energy difference as defined in Eq. (6). Using Eq. (4), it
follows:

DCðDEgÞdecay ¼ CPðDEgÞstopþt�ðCPðDEgÞstart�tÞ
¼ PRDðDEgÞdecayþ2t: ð9Þ

In analogy to the standard centroid shift method, the linearly
combined centroid difference curve (Eq. (9)) is shifted by þ2t
from the corresponding PRD curve as illustrated in Fig. 8. The
ðDC,DEgÞ�diagram is particularly useful because of the zero point
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crossing of the PRD curve, that makes the direct determination of
lifetimes possible, if the centroid difference at DEg ¼ 0 can be
interpolated.

Now, we consider a feeding transition that is used as reference
energy gate, i.e. the reference timing signal of the setup.
Considering Fig. 7, the energy axis represents the decay energy.
For the case of Efeeder¼800 keV, the identical prompt curve
C(P)stop is then obtained by gating the reference feeding transition
on the stop detector. But, the resulting centroid curve C(D)stop is
then shifted towards shorter times, because now the decay
transition with its lifetime information is gated on the start
detector. To account for this decay-feeder inversion which is
equivalent to the start-stop inversion described by Eq. (7), we
define the centroid difference for a reference feeding transition as

DCðDEgÞfeeder ¼ CðDÞstart�CðDÞstop

¼ CPðDEgÞstartþt�ðCPðDEgÞstop�tÞ
¼ PRDðDEgÞfeederþ2t: ð10Þ

Using Eqs. (6) and (8)–(10), the experimentally obtained centroid
differences are well defined in the ðDC,DEgÞ�diagram. If we
consider a cascade of two subsequent g�rays with different
g�ray energies ðEdecayaEfeederÞ and the energy combination
DEcasc: ¼ Efeeder�Edecay as defined in Eq. (6), then Eqs. (9) and
(10) are equivalent to

DCðDEgÞdecay ¼DCðDEgÞfeeder ð11Þ

PRDðDEgÞdecay ¼ PRDðDEgÞfeeder ð12Þ

and accordingly

PRD¼ 0 and DC ¼ 2t for DEg ¼ 0: ð13Þ

Fig. 9 shows the (800 keV gated) PRDdecay curve, as presented in
Fig. 8, and the PRDfeeder curve obtained when the reference energy
gate corresponds to the feeding transition (Eq. (10)) of the
investigated cascade, in this example with Efeeder¼1190 keV. Note
that the PRDfeeder curve is convex, while the PRDdecay curve is
concave. As illustrated in Fig. 9, the relations of Eqs. (11)–(13)
denote that for the specific energy combination DEcasc:, the
centroid difference (PRD) is independent of whether the
reference energy gate corresponds to the energy of the feeding
or the decaying transition. This is independent of the energy
combination and thus the measurement of centroid differences
cancels the timing asymmetry of the two timing branches in a real
g2g fast timing setup.
ΔC

ΔCdecay = ΔCfeeder

ΔEγ

Edecay = Efeeder

PRDdecay = PRDfeeder
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Fig. 9. The two centroid difference curves and corresponding PRD curves are

obtained when the reference energy gate corresponds to the decay transition

(800 keV) of a g�ray cascade (e.g. PRDdecay), or to the feeding transition (Eq. (10)),

respectively. Corresponding to the energy combination, the two curves cross each

other at DEcasc: ¼ Efeeder�Edecay and accordingly at DEg ¼ 0 (Eq. (13)).
The use of the MSCD method provides the following very
advantageous features:
1.
 The zero point in the ðDC,DEgÞ�diagram can be used as a
prompt calibration point, because Eq. (13) is independent of
energy and timing characteristics of the two branches.
2.
 The time shift due to electronic drifts cancels, because this
shift is independent of energy and therefore affects both time
distributions in the same way.
3.
 Due to Eqs. (11) and (12), a centroid difference DC can be used
twice, dependent on whether the feeding or the decaying
transition is considered. This is very useful for the calibration
of a PRD curve of interest.
4.
 Corollary, the total error for the calibration of the PRD curve
is reduced.
5.
 Due to Eq. (13), one can determine picosecond lifetimes even
without calibrating the PRD curve, if the combined timing
characteristics is known. If enough data points for a reference
feeding or decaying transition are available and one of these is
near to the zero point, e.g. for jDEgjo100 keV, the data points
then can be fitted and the value of the centroid difference
curve at DEg ¼ 0 is equal to 2t.

In the majority of cases, the calibration of the PRD for an
energy combination of interest is needed. Considering a specific
reference energy gate which corresponds to the energy of a
feeding transition ðref :¼ Efeeder3DEg ¼ ref :�EgÞ, the PRD can be
written as

PRDð�DEgÞref : ¼ Efeeder
¼ CPðEg�ref :Þstart�CPðEg�ref :Þstop

¼�ðCPðEg�ref :Þstop�CPðEg�ref :ÞstartÞ: ð14Þ

For a decay transition that is used as reference signal, Eq. (6) is
equivalent to DEg ¼ Eg�ref : and thus Eq. (14) is equivalent to

PRDðDEgÞref : ¼ Edecay
¼�PRDð�DEgÞref : ¼ Efeeder

ð15Þ

DCðDEgÞref : ¼ Edecay
¼�DCð�DEgÞref : ¼ Efeeder

: ð16Þ

These mirror symmetric relations imply that for a specific
reference energy, the value of the centroid difference (PRD) is
independent of whether this energy corresponds to the energy of
the feeder or the decay. Thus, for a specific reference energy,
Eq. (15) can be used to transform the PRD curve obtained for the
reference energy as the decay energy into the PRD curve
corresponding to the reference feeder of same energy.
5. Application of the MSCD method

The disadvantage of asymmetric timing in real g2g fast timing
setups is compensated when determining the combined g2g
timing characteristics for a combination of two detectors. Due to
feeder-decay inversion, the PRD in the ðDC,DEgÞ�diagram is
mirror symmetric which makes the calibration of the PRD for
any energy combination possible. In particular cases, the mirror
symmetric representation of centroid differences allows for direct
lifetime determination. For both purposes, the PRD curve of the
setup has to be determined.

5.1. The direct picosecond lifetime determination

Referring to the prompt curve calibration described in Section
3, we again consider the first 2+ state in 152Gd. The 344 keV decay
transition is used as the reference signal to measure the centroid
difference curve of the setup. As illustrated in Fig. 10, the centroid
(time) difference of the two centroids obtained for a specific
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g�ray cascade by gating the detectors in the two possible ways is
measured. This is made for every combination of the 344 keV
decay transition with a coincident feeding transition. In our case,
the 344 keV transition is used as the reference decay transition
and according to Eqs. (6) and (8), the resulting centroid
differences are plotted in the ðDC,DEgÞ�diagram, as presented in
Fig. 11. If an intermediate state was involved in the measurement,
the obtained centroid difference is corrected by twice the lifetime
of the intermediate state.

Assuming Eq. (5) to describe the two branch timing character-
istics of our setup, the linearly combined timing characteristics
should follow the same Eg or DEg dependency, as the decay energy
Edecay¼344 keV is kept constant. Hence, the centroid differences
shown in Fig. 11 and connected by the dashed curve are fitted
with

DC ¼
a

DEgþb
þc: ð17Þ
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Fig. 11. The ðDC,DEgÞ�diagram: The dashed curve was obtained by a fit of the

344 keV gated centroid differences DC as a function of the energy difference

(Eq. (17)). Also shown are the 344 keV gated centroid differences obtained using

the Compton continuum of the prompt 60Co source. Inset: The value of the

centroid difference curve at DEg ¼ 0 corresponds to twice the lifetime of the 2+
1

state in 152Gd.
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Eq. (3).
The fit parameters obtained are

a¼�ð22397175Þ � 103 keV ps ð7:8%Þ

b¼ ð1091754ÞkeV ð5:0%Þ

c¼ ð2056762Þps ð3:0%Þ:

As expected, the calibration function (Eq. (17)) fits every data
point, but now within the statistical errors dðDCÞ of only 3–10 ps.
Moreover, the interpolation of the centroid difference at DEg ¼ 0
gives a value of 2t¼ 94:3ð6:4Þps which is in excellent agreement
with the known lifetime of 46.7(2.5) ps [12].

For comparison, also the 344 keV gated centroid differences of
Compton events from the prompt 60Co source are shown in
Fig. 11. The fit of the Compton centroid differences (the solid
curve) with Eq. (17) represents the approximated 344 keV gated
PRD curve, that crosses the zero point within o6 ps. The fit was
performed for DEg40 and the resulting PRD curve is nearly
parallel to the calibrated centroid difference curve. However, due
to non-monotonic behavior of the Compton data points, the error
of the PRD curve obtained from the covariance matrix is 20–40 ps
for 200 keVoEgo1500 keV compared with only 6–12 ps for the
344 keV gated full energy centroid difference curve.

5.2. The PRD calibration procedure

The best procedure to measure the PRD curve is to use full
energy events. Therefore, the full energy centroid differences
presented in Fig. 11 were corrected by twice the known lifetime of
the 344 keV state in 152Gd to obtain the 344 keV gated PRD curve.
But we need more PRD information to calibrate the PRD for an
energy combination of interest. Fortunately, beside 152Gd, the
standard 152Eu source also produces 152Sm after electron capture
decay. As can be seen from the decay scheme in Fig. 12, four
transitions are in coincidence with the 244 and the 444 keV
transitions which therefore can be used as reference energy gates
to obtain more PRD informations for the same experimental
situation. MSCD analyzes were performed on the 244 and the
121.8

366.5

1041.1

1085.9

1233.9

1529.8

1579.4

0

2

0

4

3

2

3

2

3

1
+

1
+

1
+

1
−
2
+

1
+

1
−

2
−

2.02 (2) ns

83.3 (1.2) ps

39 (4) fs

1.3 (1) ps

E [keV]

12
1.

8
24

4.
7

96
4.

1
10

85
.9

71
9.

3
91

9.
3

67
4.

7

86
7.

4

12
12

.9 level
τJ

π

48
8.

7
44

4.
0

~40 fs

<9 ps

Fig. 12. Partial level scheme of 152Sm obtained after electron capture decay of
152Eu. Jp , Elevel, Eg and t from Ref. [12].



700−244

700−444

700−344344

444
244

ΔEγ [keV]

ΔC
 [

ps
]

calibrated PRDdecay curves

derived PRDfeeder

curve for 700 keV

−100

 0

 100

 200

 300

 400

 500

 600

 700

 800

 900

0 100 200 300 400 500

Fig. 15. Illustration of the PRD calibration procedure: The three PRD curves for

referring decay energies were calibrated using background corrected full energy

J.-M. Régis et al. / Nuclear Instruments and Methods in Physics Research A 622 (2010) 83–9290
444 keV transitions in 152Sm, whereby the centroid differences of
coincident transitions were corrected for corresponding known
lifetimes.

As presented in Fig. 13 (see also Fig. 12), the 444 keV transition
is used as the reference feeding transition and thus the
corresponding PRDs are plotted in the ðDC,DEgÞ�diagram
according to Eqs. (6) and (10). Accordingly (Eq. (12)), the
measured PRD for the combination 444–244 keV at
DEg ¼ 200 keV is used for fitting both the 244 and the 444 keV
gated PRD curves. To investigate the quality of the fits, a data
point is added at the zero point. Within o7 ps, the calibrated PRD
curves cross the zero point. Independent of the reference energy
gate, the calibration function describes the combined timing
characteristics of our setup remarkably well. Obviously, the best
fit is obtained for the 344 keV gated PRD curve (the solid curve).

In Fig. 14, the PRDs for the combinations 244–344 and
444–344 keV interpolated from the 344 keV gated PRDdecay

curve are compared with those interpolated from the other two
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corresponding PRDs (data points) using Eq. (17). For comparison, a data point with

average error of 6 ps is added at the zero point (PRD ¼ 0 for DEg ¼ 0).
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centroid differences. The PRDs for the energy of interest (700 keV) are interpolated

from these three curves. The obtained PRDs including the zero point are used to

calibrate the PRD curve of interest, in this case for the reference feeding energy of

700 keV.

678 keV
919 keV

ΔEγ [keV]

ΔC
 [

ps
]

 350

 360

 370

 380

 390

 400

255
 450

 460

 470

 480

 490

 500

420260 265 270 275 280 425 430 435 440 445

Fig. 16. (a) Background corrected centroid difference of the sequence

678-411 keV. The dashed line shows the calibrated 411 keV PRDdecay curve. The

shift between the data point and the PRD curve is twice the lifetime of the 755 keV

state in 152Gd. (b) Background corrected centroid difference of the sequence

488-919 keV and the calibrated 488 keV PRDdecay curve.

Table 1
Lifetime results obtained from the MSCD method using background corrected

centroid differences.

Nucleus State Jp Elevel (keV) Eg (keV) tMSCD (ps) tLit: (ps)

152Sm 4+
1 366.5 244.7 84.5(6.6) 83.3(1.2)

2+
2 1085.9 444.0a 2.5(3.9) 1.3(0.1)

3�1 1041.1 919.3 o4b 0.039(6)

152Gd 2+
1 344.3 344.3 47.1(3.2) 46.7(2.5)

4+
1 755.4 678.6 11.2(3.8)c 10.5(0.6)

The lifetimes were deduced from the value of the calibrated centroid difference

curve at DEg ¼ 0, except cases b and c as noticed below.

a Used as reference feeder with Eq. (10).
b Result obtained from the shift to the 488.7 keV PRD curve (Fig. 16b).
c Result obtained from the shift to the 411.1 keV PRD curve (Fig. 16a).
PRD curves. Within o6 ps, the results are in agreement, which is
another strong indication that the calibration function defines the
combined timing characteristics of our setup. Small deviations
can be explained by the low number of PRDs used to calibrate the
244 and the 444 keV gated PRD curves, but also by background
contributions which might shift the true PRD.

A MSCD analysis to correct the PRDs for background contribu-
tions was performed on all transitions involved in this work, as
described in Section 5.3. Fig. 15 shows the final PRD curves after
corrections for background and including the zero point and other
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PRDs obtained from the best fitted 344 keV PRD curve. For a
simplified illustration of the PRD calibration procedure, the
444 keV PRD curve as presented in Fig. 13 is mirrored with
respect to the origin (Eq. (15)). From these three PRDdecay curves
for corresponding reference decay energies, one interpolates the
PRD for the energy of interest, which in this example corresponds
to a feeder of 700 keV. Including the zero point, the obtained PRDs
are then fitted using Eq. (17) to calibrate the 700 keV gated
PRDfeeder curve, of which one can interpolate the PRD for the
decay energy of interest. In total, after corrections for background
and including additional calibration points, the resulting error of
the PRD determination for any energy combination in the range of
200 keVoEgo1500 keV is only 4–8 ps ðp2DtÞ.

For lifetime determination of the 755 keV state in 152Gd, the
PRD curve was calibrated for the 411 keV decay transition, as
explained before. Fig. 16a shows the 411 keV PRD curve and the
background corrected data point of the direct feeder with
678 keV. Analogous, the MSCD result of the lifetime
determination of the 1041.1 keV state in 152Sm is presented
graphically in Fig. 16b. The final lifetime results obtained using
the MSCD method after corrections for background are presented
in Table 1.
5.3. The background correction procedure

In g�ray spectroscopy the full energy peaks of interest are
sitting on the Compton distributions which are caused by g�rays
of higher energies. Using a compact detector array, also cross-talk
events and scattered g�rays from the surrounding can play a role.
Using active Compton shielding, the background is remarkably
reduced, but still some amount of background is obtained, as part
of this background is generated from coincident g�rays. The
obtained time distribution is a superposition of the time spectra
due to full energy events and due to Compton events of same
energy, i.e. the background underneath the full energy peak. The
Compton time distribution of interest can be interpolated by the
measurements of Compton time spectra at different energies in
the region around the transition of interest [1,2]. For the MSCD
method, the procedure is analogous, but the centroid difference of
the two Compton time distributions obtained from each branch
for a certain energy combination is measured instead. Such an
analysis is presented in Fig. 17, where the 244 keV full energy
centroid difference curve
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Fig. 17. 244 keV gated Compton centroid differences ðDCð244ÞComptonÞ compared

with the full energy 244 keV gated centroid difference curve of the 4+
1 state in

152Sm. Inset: For DEg4130 keV, the Compton data points (boxes) were fitted using

Eq. (17) (the solid curve). A significant shift ts between the Compton centroid

difference curve and the full energy centroid difference at DEg ¼ 200 keV is

observed.
peak was used as the reference energy gate and the Compton
gates were varied in the range of 270–820 keV.

Except for a few points, the overall behavior the Compton
centroid differences is smooth. However, for DEgo130 keV, a
large change of the shift between the Compton events and the full
energy centroid difference curve is observed. Therefore, the
Compton data points were fitted for DEg4130 keV, as shown in
the inset of Fig. 17. The interpolated shift ts ¼DCT�DCC between
the (total) full energy centroid difference at DEg ¼ 200 keV and the
Compton centroid difference curve is ts¼12(6) ps. As a linear
combination of centroids, the total centroid difference can be
written as the sum of the true delayed (or prompt) centroid
difference DCD and the Compton centroid difference DCC

DCT ¼
DCDþaDCC

1þa ¼DCDþtc ð18Þ

where a is the relative background intensity or the background to
full energy ratio, respectively. Eq. (18) is only valid, if the two
branches have the same peak to background ratio, which was
approximately the case in our experiment. We used the mean
value obtained from the two branches and adopted a systematic
error of 10% which is overestimated. To obtain the correction term
tc, Eq. (18) is equivalent to

tc ¼DCT�DCD ¼�aðDCT�DCCÞ ¼�ats

3DCD ¼DCTþats: ð19Þ

Due to bad peak to background ratio of 1.25 for the 444 keV
transition obtained from the 244 keV gated coincidence spectrum,
the total centroid difference DCT of the 444–244 keV combination
has to be corrected by +9.6(4.0) ps. This result can be verified by a
MSCD analysis of the other full energy peak of the investigated
444–244 keV centroid difference, the feeding 444 keV transition,
as shown in Fig. 18. In this case, the fit of the Compton centroid
differences was performed for DEgo40 keV and the centroid
difference for the combination 244–444 keV is shifted by
+71(7) ps from the Compton centroid difference curve.
According to the peak to background ratio of 6.5 for the 244 keV
transition, the Compton shift at DEg ¼�200 keV results in a
correction of +11(1) ps which is in very good agreement with the
previously determined correction. Analogous studies were made
for all g�rays involved in lifetime determination for this work.
Due to very good peak to background ratios, the corrections for
background are in the range of only 0–6 ps and the resulting
additional error is smaller than 1 ps, thus negligibly small.
centroid difference curve

reference energy gate: 444 keV
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6. Conclusion

In the case of full energy events, an Eg dependency of the fast
timing signal has been established, measured and used to correct
the experimental data. This dependency will be verified by
systematic prompt curve and PRD curve measurements using
different timing adjustments and also different scintillators and
photomultipliers.

The powerful mirror symmetric centroid difference method
makes the determination of picosecond lifetimes of nuclear
excited states easier and more precise. Using this new method
picosecond lifetimes are determined directly in cases where the
nuclear excited state is fed or decays by several g�rays. The value
of the centroid difference curve DCðDEgÞ at DEg ¼ 0 is then twice
the lifetime of the considered nuclear excited state.

The identification of the timing characteristics of our experi-
mental setup has brought forth a high precision g2g timing
calibration procedure. Due to mirror symmetry of centroid
differences (PRDs) and the universal prompt calibration point at
the zero point, additional data points are obtained for a more
precise PRD curve calibration. The PRD curve is calibrated as a
function of energy for any energy combination in the range of
200–1500 keV with an accuracy of 4–8 ps resulting in a lifetime
determination limit of 2–4 ps. This limit is a little increased by
statistical uncertainties of the centroid determinations. For good
peak to background ratios of more than 5, the additional error
induced by the described background correction procedure is
smaller than 1 ps, thus often negligible.
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